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Abstract: Suppose X and Y are locally compact finite dimensional metric spaces and 
fi X - Y is a map. Then we say that the map f can be realized: in Euclidean space of dimension 
k if there elrist closed embeddingsg:X + k and z: Y -+ Ek a;‘< a Josed map h: Ek * Ek such 
that hg = gf and h IEk \g(X) is a homeom of ‘$\~(XJ onto Ek\g(v). Our main result is that 
closed cell-like maps can be realized. In particui2r we show, for a closed embeddingg:X+ En, how 
to obtain a realization off for k = n + diim Y + 1. This yields an extension theorem for cell-like 
maps on closed subsets X of Euclidean sp-ice, where we require that the extension be a horneo- 
morphism on the complement of X, Some: ap cations are givzn in shape theoxy, the prim&y 
of which is that cell-like maps on finite dimensional EJetric compacta jie shape preserving. As 
a tool, we use the notion of comphztely regular mappings as applied to upper semicontiriuous 
decompositions of manifolds. Some of th:: results obtaic-ed here may be of interest in their own 
right. 
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From Theorem 11 we obtain the following “Vietoris-type” theorem. 
It is roughly the analog of the result t,hat iFf:X -w Y is a cell-like map 
of locally compact finite-dimensional AWL’s and U C Y is open, then 
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5 141; for the proof of (iii) we should perlaps aote that for x0 E X, we 
can choose the homeomor hisms fi in the proof of Theorem 11 so that 
‘j&x($ = P(;;o)* 
2. Suppose X and Y are separable finite-dimension 
spaces, and f:X - Y is a closed cell-like map. If2 is a comya 
of Y, let W = f “l(Z) and ,g = f 1 W: cd, 4-b Z. 
a fundamental e4 ;valenc: 
) + fin (Z : G) is an isolm;) 
= f (wo), then g induces a pointed fundame n- 
] from (W, wO) to (2, zO) and hence an isorrorph- 
for rz = 1,2 ,.... 
Alford, uences for compact 0-dimea: donal dec~m~os~tio 
of En, Bull. Acad. Polon. Sci. S6r.. ys. 17 (1969) 20 -212. 
Anderson, R.D,, PO ilbert cube, to appear. 
mentrout, S., Cellular decompositions of 3-manifolds that yield 3-manifolds, 
Math& Sot. 75 (1969) 453-456. 
Borsuk, K., Concerning homotopy properties of compacta, Fund. Math, 62 (1968) 223- 
iuk, K., On tie concept of shape for met&able spaces, Bull. Rcad. Polon. Sci. Skx. ath. 
Astron. Phys. 18 (1970) 127-132. 
Brown, M., A proof of the generalized Schoenflies theorem, Bull. Amer. Math. SOG. 66 
(1960) 74-76. 
Dyer, E, and M. -E. Hamstrom, Completely regular mappings, Fund. Math. 45 (l958j lO3- 
118. 
Edwards, R.D. and R.C. &by, Deformation< of spaces of embeddings, Ann. Math. (2) 93 
(1971) 63-88. 
Finney, R.L., Uniform limits ol’ compact eeli-tike maps, Notices Amer. Math. Sot. 15 
(1968) 942. 
.H., Extension of homeomorphisms oji Euclidean and Hillbert paraheiotopes, Duke 
8 (1941) 452-456. 
V.L., Jr., Some topological properties uf convex sets, Trans. Amer. 1 
Lzeher, RX., Cell-like spaces, Proc. Amer. kT Sot. 20 (1969) 598-60:!. 
jcher, R.C., Ceil-like mappings, I Pacific J. th. 30 Q969) 7i7-7?1. 
;%fihan, DR., Jr., W properties and relatt;i epics, Mimeographed Idotes, Florida State 
K ziversity 1970. 
Sersntiv, M., Characterization of dimension e.bf metric spaces by continuous mappings into 
Ekichdean spaces, Uspehi Mat. Nauk 12 (1957) 245-247 (in Ru:sian). 
Sic?benmann. L.C., Approximating ce by homeomorphisms: 10 appear. 
Whyburn, G.T., Analytic topology ( . SW, Providence, R.1 ,1963), 
burn, G.T., Decompositi ‘I‘opology of 3-manifolds ar. :I relate 
. Fort, Jr. (Prentice-Hall, 
